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MAgévaopa katavaAwth Kot TAeovaopa napaywyou (BiBAio-KedpaAawo Xllil) :

JupBaivel cuxva, otav ayopaloUE KATIOLO TIPOLOV va avapwtnBoUue: «Ailel dpaye Ta
Aedtad tou;». Akoun dev eivat Alyeg ol popéEg, mou otav BEAOUUE VoL ATTOKTAOOUUE Eva
TPOTIOV, MPOoPANUATIIOMAOTE yia To UPOG TOU XPNHATIKOU TTOCOU TIOU ELMOOTE
SlateBepévol va katafaloupe yU' auto. Etol 0tav ayopdloupe €va PoioV O pia TN
XOUNAOTEPN MO €KELVN TTOU aPXLKA ElHAOTE SlaTeBELUEVOL VO TIPOOHEPOULIE,
oLoBavOpaoTE LKAVOTIOLNUEVOL SLOTL 0lhEVOC AYOPATALE TO TPOIOV, ad’ ETEPOU HOG
nepioosPav xpnuata, dSnuoupyndnke dSnAadn éva mieovaopa. Tn dStadopd avapeoa
0TO TTOO0O TOU ElvalL TPOBUHOG Vo TTANPWOEL O KATOVAAWTAG YLO TNV ATIOKTNON KATIOLOG
TIOOOTNTAC EVOC ayaBoU KoLl TOU TTOGOU TIOU OTNV TPAYHOTIKOTNTA TTANPWVEL, OVOUACONKE
amo tov AyyAo otkovopoAoyo Alfred Marshall (1842-1924) mAeOvacpa TOU KATOVAAWTH
(customer surplus) kal kaBlepwOnke va cupPoAiletal pe CS. Avtiotolya Kol o opaywyog
npoPBAnuatiletal yla tnv Tiun dtaBeong tou npoiovtog tou. Otav nwAel To mpoidv tou o€
LR vPnNAOTEPN Ao QUTAV TTIOU IPOOSOKOUOE, ALCOAVETAL LKAVOTIOLNUEVOG SLOTL AdEVOC
61€0e0€ TO MPOoidV ToU, adeTEPOU SnHLOUPYNONKE 0€ AUTOV £va MAEOVACHA, adpoU TO
Tpoilov Tou §00nke og uPNAOTEPN TLUN ATTO AUTH TIOU OPXLKA ATav dtateBelévog va to
npoodEpel. Anpoupynbnke cuvenwg auto ou ovopoaoe o Alfred Marshall mAedvaopa
TOU mapaywyou (producer surplus) kot to omoio kaBlepwOnke va cuPoAiletal pe PS.

Ac urtoB€ooupe OtL £vag odoumopoc Badilel e€avtAnpUévVOC, KATW oo ToV KauTo AALo.
MmpPooTA Tou UTTAPXEL Eva XwpLo. Me peyaAn mpoopovn eplpével va ¢OaoeL otnv
QyOopa TOU XwPLoU Kot va ayopdocel Joupepd ppouta yla va oBriost tn dida kat tnv meiva
TOU. IKEDTETAL, OTL LE TA XPHHATA TTIOU £XEL Lall TOU, UTTOPEL va MANPWOEL PEXPL Kot 10
VOULOUATIKEG LOVASEG yLa €éva KIAO dppouTta. EEetalovtag maAl Ta xprApotd Tou
avaAoyiletal OTL umopel va ayopaoel kot Eva SeUTepO KIAO dpouta, aAld adou, Ue TNV
apxLKN Tou ayopd, Ba €xeL Eedupaoel kat Oa aloBaveTal apketd xoptatog, dev Ba eival
SlateBepévog va MANpwoeL To (510 TooO Kal yla To SeUTEPO KIAO. ZKETTETAL AOUTOV OTL
yla To SeUTEPO KIAO dppouTa pmopel va Swoel HEXPL 8 VOULOUATIKEC povadec. BEBata,
eneldn okomeVeL va ocuve)ioel To TaidL Tou, Bewpel OTL KAAO Ba nTav va gixe pall Tou
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Kamota enumAéov ppolTta, wote va Unv ¢OAceL AL o€ TETOLo onpeilo e€aviAnong. Opwg
Sev eival Latebelpévog va MANPWOEL TTAVW ATtO 6 VOLLOUOTLKEG LOVASEC yLa TO Tpito KIAO
dpouTa.

ATO TNV amévavtL TAEUPA KATEUOUVETOL TTPOC TNV Ayopd TOU XwpLoU €vag aypotng mou
TiNyaivel va mouAnoeL ta ¢ppouTa Tou. Onwe o TaldLwTng £TOL KOl AUTOG KAVEL TOUG
uTtoAoyLlopoU¢ tou. Elval anodaolopévog va pnv mMouAnoeL Ta ¢ppouTa Tou KATW oo 4
VOULOUOTIKEG LOVASEG TO KINO. ZKEDTETOL pAALOTA OTL av uTtApPXEL Intnon ywa ppouta
oTNV ayopa, yla KABe pia VOULOHOTLKN povada mou Ba aveBaivel n Tiur Tou KIAoU, auTtog
va npoodEpeL Eva eTMAEoV KIAO. Etol av n Tiun StapopPpwveTal OTIG 5 VOULOUATLKEG
Hovadeg Ba mpoodEpet 2 KIANA evw, av elval Tuxepog kat Stapopdwbel otig 6
VOULOMOTIKEG povadeg, Tote Ba mpoodEpel 3 KIAA ppouTta.

Ta SUo npoécwna tou mapadelypatog pag ¢OAavouv otnv ayopd ToU XWELOU KAl TopaTn-
poUV nw¢ Stapopdwvovtal oL TIHES TwV GPoUTWV ATtd TOUG AyOPAOTESG KAL TOUG TIWANTEG.
O odounodpog MANoLalel Tov aypoTn Kol ToV pwTtd av Tou Sivel 3 KIAA ppouTta TPOoC 6 VOLL-
OMOTIKEG HOVAOEC TO KIAO. O aypotng e xapd SExeTal TNV Mpoodopd Tou 050UTOPOoU Kall
€ToL ylvetal n cuvaAlayn oto onueio Loopporiag mou dnuiolpynoayv otnv ayopa o
TafldLwTNG KaL o aypotnc. Kat ol Svo sivat mepyapeis. O odoundpog nrav dtoteBetpévog
va dwoel 10 VOULOUATIKEG LOVASEG yLa TO PWTO KIAO ppouTa, 8 yia To SeUTEPO Kal 6 yLa
1o Tpito. AnAadn Atav dtateBelpévog va dwoel 10+8+6=24 VOULOUATIKEG povadeg. Avti
yla auto €dwoe 6x3=18 voulopatikeg povadec. Tou nepioosPav SnNAadn 6 VOULOUATIKEG
novadec. O aypotng amnod tnv aAAn pepLd ntav dtateBelpuévog va nwAnosL mpog 4
VOULOUATIKEG LoVAdEG TO TTPWTO KNG ppouta, tpog 5 to SeUTepPo Kal mpog 6 To Tpito.
Mpoodokouaoe dnAadn va elompatel 4+5+6=15 VOULOUATIKEG povades. Avti yla autod
eloénpage 6x3=18 VOULOUATIKEG povadeg. AnAadn tou dnuioupynOnke Eva mMAsdvaoua
TPLWV VOULOHOTIKWY povadwv.

2Tn ouvEXela Ba MOPOUGCLACOUUE HE SLaypApUaTa TNV LOTopla TTou teplypaape mopa-
MAVW.
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[Ieproxn A: To mAedvaoua katavaloth-tadioiwty yia tqy 17 povada tov ayabov
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[Ieproxn B: To mAeovaoua katavalwth-tadioiwty yia tv 2" povada tov ayabov
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[Ieproyn I': To mAedvaoua wapaywyov-aypoty yia v 17 yovada tov ayabov
[Ieproxn A: To wAeovaoua wapaywyov-aypoty yia tqv 2" povada oo ayatod

ATO To oXNUA 16 TPOKUTITEL OTL TO ABpoLlopa TwWV TTEPLOXWV A Kot B pag Sivel to 6dehog
TOU KatavaAlwtri-odoutdpou amno tnv ayopd twv ¢poutwv. AnAadr To CUVOALKO
NMAeovaopa Katavalwtr Slvetal Katd mMpocEyyLlon oo To eUPadov tng mePLoXAG KATW
amo TV ypauun Ntnong Kat mavw amnd TNV TN Llooppomiag. AEUE «KATA TTPOCEYYLON»
YLOTL 0TO TOPASELYUA LOG XPNOLLOTIOLCAUE aKEPALEG LovAadeG ayabou. Av éva ayabo
Uropel va mwAnBel o€ omoladimote moooTNTA, TOTE TO MAEOVAOUA TOU Katavalwtn Oa
elval akpBwg 1o epPadov tng MePLOXN G KATW Ao TNV yPOoUUN {NTNONG KAL TTAVW oo TNV
TN LooppoTtiag. Avtiotolya LoxUouV yla To MAedvaoua mapaywyou. To 0delog tou
Tiapaywyou-aypotn amno tTnv nwAnon twv ¢polTwv Sivetal amno to abpolopa Twv
nieploxwv I kat A tou oxnuatog 17. AnAadn to 0delog Tou mapaywyou-aypotn LoouTal
KOTA TTPOCEYYLON HE TO EUPBASOV TNE TEPLOXNE TTAVW ATIO TNV YPAUL TPoodopag Kot
KATW OO TNV TN loopportiag. Kat maAl, av umtoBEooupe OTL €éva ayabo umopet va
NwANBel o€ omoLadAMoTe MOCOTNTA KAl OXL LOVO O OKEPALEG LOVASEC, TOTE TO
TIAEOVOOO TOU TtapaywyoL Ba eivat akplBwe to epBadov Tng mapandavw nePLOXnG. Auto
daivetal kabBapa oto oxnua 18 mou akoAoubsl.

210 oxnua 18 mapouaotaletal n KapmuAn InTnong Kat n KAUUAn npoodopdg evog
ayaBou, oL omoleg eival cuvexeic ypapeg, kabBwg Kat To onueio oopporiag E. H tun p *
Tou ayoBoU oTo onUElo Loopporiag eival auTh TTOU oL KATAVAAWTEG eival Statebelpévol
va KataBalouy, yla va ayopAacouv TV moodTtnTa g *, TNV omoia mpoodEPouv oL apayw-
yol. 210 onueio LooppoTiag Ol KATAVAAWTEG TTANPWVOUV KAl OL TTOPAYWYOL ELOTIPATTOUV
TO OGO TWV P ** @ * VOULOMOTIKWY povadwy. To tocd auto aplBunTikd LooUTaL E TO
euBadov tou opboywviou mapaAinloypappou Op*Eg*" ."

PN
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euBadov tou opBoywviou mapaAinloypappou Op*Eqx"
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2xnuo 18

Mapoatnpwvtag pe mpocoxn To opboywvio mapaAAnAoypappo Op+Eq=*"avtihapBavopaote
OTL AUTO amoteAeital amno to abpolopa Twv dVo neploxwv 0P, Eq*" kat P;p*E" 6nAadn: ,"
(Op*Eqg*) = (0P1Eq*) + (Plp*E)

Ag e€eTdooUE apyLkd Tov mpwTo pooBetéo. Mpog ta dvw n meploxn 0P, Eq*"dpdooetal
amo TNV KOUMUANG TG poodopdg. Mavw otnv KapmuAn npoodopdg Bplokovtal ot
€NAXLOTEG TLUEG OTLC OTIOLEC oL Mapaywyol ivat SltateOelpévol va MwAoouV To TPoiov
TOUG. ZUVETWG TO TIoo0 Tou Ba elognpattay, av SLEOeTAV TO TTPOTOV TOUC OTLG EAAXLOTEG
TLMEG, LoouTal aplBuntika pe To epfadov tng meptoxng 0P Eqx". To epfadov auto
SideTal oo to opLopEVO oAoKARpwHa

jo q*Ps(q) dq

Ac é\Boupe otn ouveExela otn Sevutepn meploxr). To epBadov TNG MEPLOXNG AUTHG KOG
Silvel To emumA£ov moaod mou eloénpalav oL mapaywyoi, SnAadn to mAedvaopa mou
TETuXav, eNeldn MwANoAV To MPOIOV Toug o€ UYPNAOTEPN TLUN ATO EKEIVEC OTLC OTIOLEC
ntav StateBelpévol va to mwAnoouv. To epBadov autd umoloyiletal Auvovtag TNV
TOPATIAVW LOOTNTA WG TIPOG To P p*E"Kkat avtikablotwvtag otn cuvéxela ta Rén yvwotd
euBada: "

q*

(P,p=E) = (0P,Eq+*) - (OpxEqx) = p *- q * —f P(q) dq
0

‘ETOL YEVIKA £XOUUE:
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nAeovacpa tou MNapaywyol PS=p *- q * - foq*Ps(CI) dq‘

Ag €€€ETACOUHE TWPA TO SLAYPAUMO TOU OXAMOTOC 18 amod TN HEPLA TWV KATAVAAWTWV.
210 onUElo LooppoTiaG OL KATAVOAWTES TTANPWOAV HLOVO TO TTOCO TWV P ** G * VOULOUO-
TIKWV Hovadwy, evw foav dLatebeluévol va TTANPWOOUV TTEPLOCOTEPA. ZUYKEKPLUEVA N
KAUTTUAN {ATtnong pag Sivel TIG PEYLOTEG TLEG TIOU OL KATAVOAWTEG lval SLateBeLuévol va
TANPWGOOUV TIPOKELEVOU VA ATIOKTOOUV TO TPoiodv. ETol to epBadov tng mepLoxns
0PyEqg*"1o00TaL aplBuNTIKA e To Tooo Tou Ba KaTtERaAAV Ol KATAVOAWTES AV OL OLYOPES
yivovtav otig TIHEG TNG KapmuAng. E§etalovtag pe mpoooxn tnv nmeptoxn OPyEq*"
napatnpol e OtL auTh anaptiletal ano duo uépn, SnAadn otL:

(0PoEq*) = (Op*Eqx) + (Pop+E)

To epPadov opwg tou xwpiou 0P Eq*"diveTal amod to oplopévo ohokAnpwpa "

joq*Pd(CI) dq

evw To ePadov tou opBoywviou maparllnAoypappou Op*Eg+*"1covtal pe p *- g *". Etol
€XOUUE:

q*
f Pys(q)dg =p* q*+(Pop *E)
0
N Llooduvapa:
q*
(Pop *E) =f Py(q)dg-p* q=*
0

To epPadov tng meploxng Pop * E pag divel to mAedvaopa ou IETUXAV OL KATAVOAWTEG
EMELSN ayopaoayv To POIoV Iou eMBUHOUOoAV, O TLUN XAUNAOTEPN ATIO EKELVEC OTLC
ormolec Ntav SlateBepevol va To ayopaoouv. ETOL YEVIKA EXOUUE:

nAeovaopa tov Katavadwty CS = foq* P, (q) dg-p* q *

P Mapadetypa 7.1. Na urtoAoyloBel to mAedvaopa KATOVOAWTH oV

i Pd(q) = 40 - 2q kal oTo onpelo Loopporiag n T mwAnong Tou ayabou eival p *= 10
VOULOUQTIKEG LOVADEG.

. 100 , , .y .

i. Py (q) = 5 K 0to onpeto wopportiac n T NMwAnong Tou ayabou eival p *= 20
VOULOMOTIKEG LOVADEG.

iii. nouvaptnon {Rtnong sivat D(p) = g Kol 0To onpelo Looppormiag n Tl mMwAnong
Tou ayabou eival p *= 10 VOULOMOTIKEG LOVASEG.

Avon. (i) ©a anelkoviocoupe MpwTa TN CUVAPTNON OTO KaPTeoLavo eminedo. H ypadikn
NG mapdotaon eival pa eubeia ypapun. Av Bécoupe otn cuvaptnon tnv Tl q =0,
Bpiokoupe OtL N euBeia TEUveL Tov dova Twv TeTayuévwy oto onueio P;(0) = 40. 3tn
ouvéxela Betoupe Py (q) = 0, yla va BpoU e to onpeio oto omoio n euBeia TEUVEL TOV
agova twv TeTUNpEVWY. Auvovtag tnv eélowon 40 - 2g = 0 Bplokoupe 6tL g = 20.
‘Exoupe ocuvenwg to akoAoubo Siaypappa:
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p*= 10 1

=15 20 q

Jxnua 19

JUpdwva Pe 000 €XOUE avadEPEL, TO MAEOVOOUO TOU KATAVAAWTH LOOUTAL LE TO
eUBadOV Tou ypappookLaopEVou opBoywviou Tplywvou. Mpokelpévou va Bpol e To
EUBadOV auTO TIPEMEL VO UTIOAOYIOOU E TOL KN TwV SUO KABETWV MAEUPWV TOU
Tplywvou. H katakopudn mAeupad Tou TpLywvou ivat 40-10=30. Ma va Bpol e TNV
opllovtia, B€toupe p *= 10 otnv €§lowon tng KAUUANG {NTNoNG Ko BPLOKOUPE TNV
avtiotolyn TN g *:

30
10=40-29 ©29=40-10© qg=—©q=15
Onote, 10 epfadov, cuudwWvA PE TOV YVWOTO Ao TN YEWUETPLa TUTIO, elval:
1
EuBadov tpiywvov = 3 3015 =225

AnAadn to mAedvaopa tou KatavoAwtn eivat CS = 225 VOULoPATIKEG povadeg. H
HEB0SOC autr umopetl va xpnotpomnolnBel emeldn €xoupe va umtoAoyiocou e to epfadov
€VOG eUBUYPAUOU OXAUATOG KABWG oTNV MEPLTTWaon autrn N {NTnon elval ypoLLULK.
Quolka oto 1610 amotéAeopa Ba KATOANYAE OV XPNOLLOTOLOUCOE TOV TUTIO

UTTOAOYLOHOU TOU TTAEOVAOHOTOC KATAVOAWTH:
15

q*
CS=] Pd(q)dq—p*-q*= (40—2q)dq—10-15=
0 0
15 15 15 g2 1>
= 40 dq—Zj qdq—150=40q| -2 - 150 = 40 - 15 - 15% - 150 = 225
0 0 0
0

(ii) ApxLlka Ba ATTELKOVICOUE TN CUVAPTNON OTO KAPTECLAVO €Tinedo. H KapmuAn tng
ouvaptnong eivat pa umepBoAn. Av B€coupe otn ouvaptnon tnv Twwn q = 0, Bplokoupue
OTL N uTtEPPOAN TEUVEL TOV Gfova TwV TeTayUEVWY oto onueio Py (0) = 50. Itn ouvéxela
avtkaBlotolpe otn cuvaptnon IAtnong tnv TR p *= 20 mwAnong Tou ayabol oto
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onueio

50 ;

*— i
p*= 20
Zxnua 20
LoopporTtiag, yto va BpoU e TNV avTioToLxn TN g * TNG TIOGOTNTOG LOOPPOTILAG:
100 60
20=——©20q+40=100q=—=<=q=3
q+2 20

‘EXOULE CUVETIWCE TO SLAypappa Tou oxUatog 20. To MAEOVAOUO TOU KATAVAAWTH
LloouTaL PE TO EUPadOV TOU YPAUUOOKLOOMEVOU Xwplou. EMopévwg:

* 3100 31
CS:qu Pd(q)dq—p *e g *= foﬁdq—ZO3=100foﬁd(q+2)—60=

3 5
= 100In(q + 2)| -60 = 100[In(3 +2) - In(0 + 2)] - 60 = 100In> - 60 =
0

= 31,6291
Apa To MAeOvVaoua Tou KatavaAwtn eivatl CS = 31,6291 VOULOMATIKEG LOVASEG.
(iii) Ztnv mepintwon autn pag didetal n ouvaptnon {tnong D(p) KalL 0L N avtiotpodn
¢ Py (q) Ag utoAoyiooupe Aourtov tnv Py (q):
50 50 50

=S ep =—ep= |—

p q q

MapatnpoUUE OTL yLa TN CUVAPTNON AUTH 0 AEoVOG TWV TETAYUEVWV ElvaL KOTaKOpUdN
QOUUTTWTN KAl 0 AEoVaC TWV TETUNUEVWY £lval 0pL{OVTLO OCUUTTTWTN. XTO OXUO TIOU
OKOAOUBOEL £XOULE QTELKOVIOEL TN CUVAPTNON QUTH.
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p*= 10

Zxnuo 21

To MAEOVAOHO TOU KATAVAAWTN LooUTAL HE TO EUBadOV TNG YPAUUOOKLOOUEVNC TIEPLOXNC.
H {ntolupevn moootnTa OTO ONELO LOOppPOTTLAC ElvaL:

50 50 1
Q=F@q=ﬁ@q=§
Enopévwc:
€S = [ Pa(q) dq -p - qx= [ 5;9 ~10-1= 50 [ ¢ 2dq -5 =
1/2 -
-\/—oq/2 —5=2\/§6\/§—5=2x/ﬁ—5=5
0

Apa o n)\sovaoua KatavoAwtn givat CS = 5 VOULOMATIKEG LOVADEG.
‘Evag 8eUTEPOC TPOTIOC UTTOAOYLOMOU TOU TAEOVACHUATOG KATAVOAWTA €lval o akoAouBoc.
X0 pACGOOUHE TNV KAUTTUAN TNG CUVAPTNONG D(p) = ;—2.
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Zxnua 22

Tote To MAOVOOUA KOATOVOAWTH Elval (00 pe To epBadov TNG YPAUUOOKLOOUEVNG
TIEPLOXNG OTO MAPATAVW oXAHO. To eufadov auto SiveTal amo To YEVIKEUUEVO

oAOKARpWHA f;:D(p) dp. Etol éoupe:

CS=]+°°50 2dp = lim bso “2dq = -50 lim -1|b - 50| tim 2- 2| -
10 poar= AL 10 p-aq poiel 110 b>+<b 10
1] 50
=-50|0-—|=—=5
[ 10| 10 <

P Mapadeypa 7.2. Na urtoAoyloBel To mAedvaopa mapaywyou av Ps(q) = g% +5q KoL av
0TO onpelo LooppoTtiag TG ayopads, N T mMwAnong tou ayabou gival p *= 50 voulopa-
TIKEC LOVADEC.

Avon. H kapmuAn npoodopdc tou ayabou, ou opilletal ano tn cuvaptnon Ps(q), elvat
n mapaBoAn mou amnelkovileTal oto oxfua 23.
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2Zxnua 23

Lot TOV UTIOAOYLOO TNG TTOCOTNTAG LOOPPOTILOG OTNV TLUA LooppoTiiag p *= 50, EXOUE:
50=g’+5q © q*+5¢-50=0& q, =5, g, =-10

Ao tig SUo auTéG pileg ekt elval povov n BeTikn, cuVenwe q *= 5. EMOUEVWG yLa Tov
UTTOAOYLOMO TOU TAEOVAOLATOG TTAPAYWYOU EXOULE:

q* 5 5 5
PS=p*-q*—f Ps(q)dq=50-5—j(q2+5q)dq=250—jqqu—Sj.qdq=
0 0 0

0

2 3 2

5 _q 5
-5—|2=250-=—-5=—=145,83

0 "2 3 2 83 [

3
-250-L >
3

0

8. A&iKTEG AVLONG KATAVOMAG TOU ELOOSAHATOC

Mua evlladépouoa edpappoyn TwV OAOKANPWHATWY £lval n LEAETN TNG CUVAPTNONG
KOTAVOUNG TOU €BVIKOU €L006HaTOG HeTafl Tou MANBuouoU ulag xwpas. Otay, yia
TAPASELYUA, EVO LEYAAO TTOCOOTO TOU MANBUOHOU AaBAVEL VA LKPO TTOCOCTO TOU
€0viKoU eLl00&AATOG, £XOUUE TTPOPGAVWE L0 OVIOOKOTOVOT TOU TTAOUTOU TNG XWPAG.

O Apeplkavog olkovopoAoyog Max Otto Lorenz (1876-1959) sworjyaye to 1905 pia
KOLLTTUAN, TTOU hEPEL TO OVOUA TOU, N omola armelkovilel TO TOCOOTO TOU GUVOALKOU E€L00-
dnuatog kabe opadag evog mAnBuaopou, Eektvwvtag ano tn ptwyotepn Kot aveBaivovtog
TNV KALHOKO KOTAVOUNG TOU EL00SAMATOC WE TNV TAouoLotepn opada. Ita oX\UATO TToU
akoAouBouv nmapouacialovtat TPELC SLaPOPETIKES TETOLEG KAUTTUAEG.

1,1
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O afovag Twv TETOYHEVWY OELXVEL TO TTOCOOTO TOU CUVOALKOU EL0OSAMATOC, EVW 0 afovag
TWV TETUNUEVWV TO TOCOOTO Tou TTANBUGooU. H Slaywviog avIlmpoowneVeL TNV TEAELA
Lookatavoun, kabwg to 20% tou MAnBucopou Aappavel To 20% Tou GUVOALKOU
eloodnuatog, to 40% tou MAnBuaopou to 40% tou elcodnpatog kok. Ooo neplocdTEPO
QTTOMOKPUVETOL N KOUTTUAN Lorenz amo tn Staywvio, TO00 Mo AVIoa KOTAVELETOL TO
eloodnua.

2tn ouvéxela o ttalog Corrodo Gini (1884-1965) oploe 1o 1912, Tov OUVTEAECTH OVLOO-
KOTOLVORLAG TOU £BVIKOU €Ll00SAMATOC WC TOV AOyO %, omou E; eivat to eppadov ng

2
TIEPLOXNG METAEY TNG SLXOTOUOU Y = X KaL TNG KAUMUANG tng ouvaptnong y = f (x) kat E,
glvat To epuPadov tou opBoywviou Tplywvou mou dpacoetal oo tn SLXOTOUO Y = X, TOV
afova TwV TETUNUEVWYV KOl TNV eue\g{a x=1. LOMOU TOu ouxis}\eotr'] avLo0-

. . . L
KOTAVOLNG TIPOKUTITEL OTL: [ —= <
0< E; <1 _.< — —
Sg s

2
Otav to eppadov E4 eival undév, n KapunOAn Lorenz ou umintel pe tn Staywvio Kat o

ouvteAeotng Gini elvau emiong und&v, yeyovag mov unodnAwvel tEAELa LootnTA OTNV
KOTOVOMLA TOU eLoodnpatog. 0co o ouvteAeotrig Gini AMOMAKPUVETOL AItO TO UNSEV Ka
nANGoLAleL TPOG TO £va, TOOO N AVIC ] €L .

YwnAOTepEG TINEG UTTOONAWVOUV HEYOAUTEPN CUYKEVTPWON EICOBNUATOG O€
Aiyoug, evy XOMNAOTEPEG TIHES UTTOONHAWVOUV TTIO I0OTIHI RATAVOMN.

Emeldn to epPadov E; tng mepLoxng LETAEL TNG SLXOTOMOU Y = X KoL TNG KOUTTUANG TNG
ouvaptnong y = f(x) woutal, cuubwva pe doa €xoupe avadEpel oto kedpdalato XlI, pe

fol[x - f(x)] dx kai emeldn 1o euPadov E, Tou opbBoywviou Tplywvou LoouTal Je % = %,

yla tov cuvteAeotn Gini €XoulE:

E, Ik

1
E;_1/2=2E1=2f0 [x - £(x)] dx

P Mapadeypa 8.1. H Katavoun Tou eL00SAUATOG Hlag xwpag Sivetal and tn cuvaptnon

f(x) = % (7x% +x)

i. va kataokevaoBel n KaumuAn Lorenz

ii. va Bpebel molo mMooootd Tou €BVIKOU eL00S6UATOG AaBAVEL TO TILO XA UNAQ
apeLBOpevo 20% Tou MANBUGCHOU TNG XWPOG

ili. vo umoAoyloBel o cuvteAeoTrg avicokatavoung Gini.

Avon. (i) H koumuAn Lorenz tou napadeiypatog eivat n mapafoAr) tou oxnuatog 25, n
onola
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Zxnua 25

€xeL oxeblaoBel cupuPwva pe 6oa €xoupe avadépet oto kedpalato VII.

(i) Mo va Bpoupe To TOCOOTO Tou €BVIKOU el0odnatog mou Aappavel To xapunAotepa
apeLBopevo 20% tou mAnBucopou, Bétoupe otnv f(x) to X 0o pe 0,2 KAl EXOUUE:

1
£(0,2) = 3 [7(0,2)2 +0,2] = 0,06

Enopévwg to xapnAotepa apelBopevo 20% tou mAnBuopou Aappavel To 6% tou €Bvikou
geloodnuaTog.

(iii) Ma va Bpoupe Tov cuvteAeoTr avicokatavoung Gini pémneL va utoAoyioou e To
oAokAfpwua:

1 1 1 7 7 7 1 1
Zj x——(7x2+x) dx=2f —x-—x%)dx =- f xdx—f x%dx | =
0 8 o \8 8 4\ Jo 0

7 [ x? 1\ 7/1 1\ 7
e =—(Z-Z)=—=0.2917
4\ 2 0/ 4\2 3/ 24

Emopévwg o cUVTEAEOTHG aVIoOKATAVOUNG Gini elval 57; ~ 0.2917. 4

1 x°
0 3
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