
Pl rwc monìtonec sunart seic: to je¸rhma tou Bernstein

Mia sun�rthsh f : (0,∞) → R lègetai pl rwc monìtonh an èqei parag¸gouc k�je
t�xhc kai (−1)nf (n) ≥ 0 gia k�je n ≥ 0. Me �lla lìgia, an h f eÐnai mh arnhtik  kai
fjÐnousa, kai to Ðdio isqÔei gia kajemÐa apì tic sunart seic (−1)nf (n). ParadeÐgmata
pl rwc monìtonwn sunart sewn eÐnai oi x−α, e−αx, ìpou α > 0.

Je¸rhma (S. Bernstein) An f : (0,∞) → R eÐnai mia pl rwc monìtonh sun�rthsh,
tìte up�rqei monadikì mètro Borel µ sto [0,∞] ¸ste: gia k�je x > 0,

f(x) =
∫ ∞

0
e−tx dµ(t).

To antÐstrofo isqÔei epÐshc: k�je sun�rthsh pou anaparÐstatai kat� autìn ton trìpo
eÐnai pl rwc monìtonh.

Mia apìdeixh tou jewr matoc mporeÐ na dojeÐ me th bo jeia tou jewr matoc Krein–
Milman.
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