Intuitionism

Brouwer – Heyting

· Brouwer’s approach was a substantial departure from the classical mathematics

· Kant’s a priori form of intuition of time .  Natural numbers
· Constructive proofs

Existence claims: Mathematical objects as mental constructions

Truth and proof:  True as intuitionistically proved
· Epistemic constraints
Semantic antirealism: truths dependent on human mind

· Examples of classical mathematical proofs which are rejected by intuitionists 

· Rejection of the Law of excluded middle     (LEM).     Intuitionistic Logic

· Finitistic approaches. Rejection of the actual infinite.

Potential infinite (and why it is approved)

· The issue of Intersubjectivity    (Heyting)

· Proof conditions of 

¬A,     A∨B,         A∧B,       A→B,     A↔B   
· Examples:

Α ↦ ⌝ (⌝ (Α))     approved by intuitionism   (the double negation introduction)
(and why it is approved)

⌝ (⌝ (Α)) ↦ (Α)    rejected by intuitionism    (the double negation elimination rule)
(and why it is rejected)
Realizability and effective procedures

· Real numbers and Cauchy sequences of rational numbers
A Choice sequence of rational numbers
Examples

M. Friend:
The intuitionists are working on recovering as much classical mathematics as possible by using only constructive proofs.
Different approaches as to what counts as an acceptable constructive logic underlying acceptable proofs

